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Ultrashort optical pulses with user-desired temporal waveforms are widely applied in the areas of
laser control and optical communication. In this paper, by combining the phase iteration and
amplitude iteration, a two-step phase-amplitude hybrid algorithm for ultrashort optical pulse syn-
thesis is proposed. Effectiveness of this proposed algorithm is proved by synthesizing two types
of ultrashort optical pulses, including a single pulse with different temporal waveforms and a train
of pulses with variable intensity envelopes. Compared with the conventional phase-only algorithm,
the phase-amplitude hybrid algorithm can effectively reduce the influence of falling into local op-
timal solution caused by inappropriate initial chosen phase, thus achieving a better accuracy for
synthesized pulses.
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1. Introduction

As the development of laser technology, ultrashort pulses with the time scales of  below
picosecond have been generated and widely applied in many fields. However, the pulse
shapes delivered by most lasers are usually fixed, such as Gaussian or Secant shapes [1],
which are not suitable for some special applications. For example, triangular pulses
are required for optical signal doubling [2], while flat-top rectangular pulses show
more advantageous for all-optical sampling [3]. Therefore, manipulating the temporal
profile of optical pulses in simple and efficient ways to obtain the user-desired pulse
shapes has always been of interest for researchers in the areas of laser control and op-
tical communication [4-5]. 

Based on their working principles, the methods for synthesizing an ultrashort op-
tical pulse can generally be divided into three categories, including direct time-domain,
frequency-to-time mapping and Fourier-transform. By designing versatile photonic
differentiator [6] or time-delay optical integrator [7], optical pulses with different shapes
are generated by the direct time-domain technologies. However, due to the difficulty
in obtaining accurate high-order differentiator and high-order integrator, the shapes of
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output pulses show obvious deviation from the ideal waveforms. Frequency-to-time
-mapping is a linear-optics method, which employs an optical filter to change the spec-
tral envelope of input pulse and a dispersive medium to achieve frequency-to-time
mapping. Based on this method, a parabolic pulse with optimized duration and energy
is reported [8]. However, quality of the obtained pulse is significantly influenced by the
dispersion. Inter-symbol cross interference induced by dispersion may lead to serious
distortion as the duration of an optical pulse becomes shorter [9-10]. Compared with
above-mentioned direct time-domain or frequency-time mapping, Fourier-transform
is the most widely used and commercially adopted approach for shaping an ultrashort
optical pulse. The well-known 4f system is the basic setup. By decomposing the spec-
tral components of input pulse into different spatial positions, and then modulating the
amplitude and phase of these spectral components by devices, such as liquid crystals
spatial light modulators [11], or acousto-optic programmable filter [12], a desired pulse
can be obtained after recombining and transforming back to the time-domain. 

Since an appropriate amplitude or phase modulation pattern for the spectral com-
ponents cannot be analytically derived, several optimization algorithms have been pro-
posed, such as genetic algorithm [13], simulated annealing algorithm [14], Fourier
iterative algorithm [15], Gerchberg–Saxton [16]. Reference [17] provided a detail
comparison between these previous reported algorithms and demonstrated that Fourier
iterative algorithm is the most commonly used due to its faster convergence than the
other algorithms. However, Fourier iterative algorithm usually shows a large error,
which generates serious energy mismatch between the synthesized temporal waveform
and the target temporal waveform. In addition, most of these algorithms mentioned
above can only design and optimize the spectral phase modulation patterns. Because
the amplitude is another important parameter for describing optical pulse besides
phase, Ref. [18] recently reported a spectro-temporal algorithm to control the temporal
intensity of the shaped waveform. But their method is very complicated, which must
use both Fourier transform and short-time Fourier transform. In order to obtain tem-
poral waveform with higher accuracy than those of phase-only optimization algo-
rithms, we propose a novel two-step phase-amplitude hybrid iteration algorithm in this
paper. And several ultrashort optical pulses with interesting temporal waveforms are
synthesized to verify feasibility of the proposed algorithm. 

2. Phase-amplitude hybrid algorithm

According to the signal processing theory, the key task for obtaining an output pulse
with user-desired target waveform under a given input pulse is to design the system
transfer function so as it can adjust both the amplitude and phase of the input pulse.
With the assumption of linear system, the relationship between input and output can
be expressed as [15]:

(1)

Eout t  FT 1– Eout ω   FT 1– H ω  Ein ω  

FT 1– H ω  jφ ω  exp Ein ω  

= =

=
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where FT–1 denotes inverse Fourier transform. H(ω) is the system transfer function
with |H (ω) | and φ (ω) as its amplitude and phase, respectively. Ein(t ), Eout(t) and
Ein(ω), Eout(ω) are the input pulse, output pulse and their corresponding Fourier spectra.

Figure 1 shows the basic flowchart of phase-amplitude hybrid algorithm for syn-
thesizing ultrashort optical pulse. This algorithm can be divided into two steps: phase
iteration and amplitude iteration. 

In the step of phase iteration, the goal is to get the phase profile of the transfer func-
tion with the amplitude restriction condition: |H (ω) | = 1. To initialize the algorithm,
spectral amplitude of the input pulse |Ein(ω) |, the temporal amplitude of the target out-
put pulse |Etarg(t) | and an arbitrarily chosen initial random phase φ0(ω) are taken as
the inputs. We combine the spectral amplitude of input pulse and the initial random
phase as a complex spectral function E1(ω) = |Ein(ω) |exp{iφ(ω)} and inverse-Fourier
transform it to the time domain. Then, we replace the amplitude of the transformed
temporal signal |B (t) | with the amplitude of target output pulse |Etarg(t ) | and remain
the phase of the transformed temporal signal. Then, this modified temporal signal is

Step of the phase iteration: 

Input: |Ein

Target: |Etarg(t)

Random phase: 0

E1( )= 

|Ein( )|exp{i ( )}

1(t)= 

|B(t)|exp{i (t)} 

Time domain constraint

|B(t)|:=|Etarg(t)| 

1'(t)=

|Etarg(t)|exp{i (t)} 

E1’( )= 

|A( )|exp{i ( )}

Frequency domain constraint

in

FT-1
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Obtained phase:

final

Step of amplitude iteration: 
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First step phase:

Obtained amplitude: 
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E2( )= 

|C( )|exp{i ( )}
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|D(t)|exp{i (t)} 
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Fig. 1. Flowchart of two-step phase-amplitude hybrid algorithm for synthesizing ultrashort optical pulse.
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Fourier transformed back to the spectral domain. Similar to the above, amplitude of
the resultant spectral signal |A(ω) | is replaced by the spectral amplitude of input
|Ein(ω) |, while its phase is remained. The process is repeated and after enough itera-
tions, the algorithm converges to a stable spectral phase φfinal(ω), which is used as in-
itial values for the step of amplitude iteration. 

In the step of amplitude iteration, although the algorithm still transforms back and
forth in the time domain and spectral domain, there are two differences. First, the am-
plitude restriction condition is removed. Second, as depicted in the red box, phase of
the transformed signal in the spectral domain is replaced by the phase finally obtained
in the step of phase iteration. And after enough iteration, the spectral amplitude be-
comes stable and the algorithm converges. Based on the phase-amplitude hybrid op-
timization algorithm, it is possible to synthesize ultrashort optical pulse with more
accurate temporal waveform.

3. Results and discussions

In the followings, we are going to provide some examples to verify the effectiveness
and high-accuracy of the proposed phase-amplitude hybrid algorithm. The input is as-
sumed as a transform-limited Gaussian pulse with FWHM time width of 1 ps and the
central wavelength of 1550 nm. We intend to synthesize two types of ultrashort optical
pulses: a single pulse with different temporal target waveforms (such as rectangular,
symmetric or asymmetric triangular) and a train of pulses with interest envelopes (such
as multi-pulse with same intensity, ascending intensity, or binary code intensity). 

Notice that some ideal waveforms with infinite bandwidth are impossible to obtain
in practice, we soften these target output waveforms by using approximate bandwidth-
limited mathematical expression. For example, a general raised cosine function can be
used to describe the rectangular or triangular pulses [19]:

(2)

By adjusting the roll-off factors (α1, α2) and the pulse time-widths (T1, T2) for each
side, the target shapes of flat-top rectangular (α1 = α2 = 0), symmetric (α1 = α2 = 1 and
T1 = T2) or asymmetric (α1 = α2 = 1 and T1 T2) triangular can be obtained. 
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Firstly, we investigate the performance of algorithm for synthesizing an ultrashort
optical pulse with asymmetric triangular temporal waveform. The target asymmetric
triangular pulse is assumed to have a FWHM temporal width of 5 ps and asymmetric
ratio (T1 :T2 = 1:4). In order to evaluate the accuracy of the algorithm, an error function
is often used to indicate how close the synthesized temporal waveform is to the target
waveform during the iterations. Similar to Ref. [20], we use the total deviation between
the synthesized temporal waveform from the target waveform at each temporal point
as the error: 

(3)

where n denotes the number of iterations and L denotes the number of temporal points
of the pulses. 

In the step of phase iteration, the algorithm performance differs greatly depending
on the initial conditions. If an appropriate initial phase φ0(ω) is used as input, the error
can decrease rapidly as the number of iterations increasing. As shown in Fig. 2(a),
when the initial phase is set as 0, it takes about 18 iterations to reduce the error to a
small value. But for the initial phase = π/2, it takes about only 10 iterations to obtain
a significant decrease of the error. For both of the chosen initial phases, after about 50
iterations, the error becomes plateau and the algorithm converges to a stable output
phase φfinal (ω). The average time of 50 iterations is about 75 s on our laptop computer
with a configuration of intel core i5-1035G1 CPU, which shows the algorithm is fast
and effective. Then, we used the obtained phases for modulating the ultrashort optical
pulses and the synthesized output waveforms are shown in Fig. 2(b). Although the ob-
tained envelopes are similar to the target waveforms, some obvious fluctuations appear
on the descending side of the synthesized output pulses, which are unacceptable for
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Fig. 2. Influence of initial chosen phase on the accuracy of phase-only algorithm. (a) Iteration error, and
(b) synthesized asymmetric-triangular pulse. 
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practical applications. Even worse, if an inappropriate initial phase is used, it may fall
into a local optimal solution or fail to converge at all for the phase-only algorithm.
However, if amplitude iteration is used after phase iteration, the error will be further
reduced and the accuracy of the synthesized pulse will be greatly improved, as depicted
in Fig. 3. 

Besides the asymmetric triangular waveform, a symmetric triangle pulse and a rec-
tangular pulse are also synthesized by using the phase-amplitude algorithm, as shown
in Fig. 4. Compared with the phase-only algorithm, the ripples of the synthesized pulse
are decreased significantly and the difference from the target waveform is almost neg-
ligible. 

Secondly, we investigate the ability of the phase-amplitude hybrid algorithm for
synthesizing a train of ultrashort optical pulses. After convergences of phase iteration
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Fig. 3. Synthesis of ultrashort optical pulse with asymmetric-triangular temporal waveform. (a) Error for
the phase iteration step (upper) and amplitude iteration step (lower). (b) Obtained phase (upper) and am-
plitude (lower) of the transfer function. (c) Comparison between phase-only algorithm (middle) and phase
-amplitude hybrid algorithm. 
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and amplitude iteration, the obtained spectral phase and amplitude patterns for syn-
thesizing five pulses with a gap of 2 ps and same peak intensity (binary code ‘11111’)
is shown in Fig. 5(a) and the corresponding temporal waveform is shown in Fig. 5(b).
If only the phase iteration algorithm is used, significant peak variation in each pulse
can be seen. In addition, there are large fluctuations at the base outside of the five puls-
es, which may cause serious interference. However, these adverse effects can be re-
moved by using the phase-amplitude hybrid algorithm. 

Then, we further synthesize a train of ultrashort optical pulses with binary code
‘10111’ peak intensity and a train of ultrashort optical pulses with ascending peak in-
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Fig. 4. Comparison between phase-only algorithm and phase-amplitude hybrid algorithm for synthesiz-
ing. (a) Symmetric-triangular pulse, and (b) rectangular pulse.
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Fig. 5. Synthesize of a train of ultrashort optical pulses with binary code ‘11111’ (same intensity). (a) Ob-
tained phase (upper) and amplitude (lower) of the transfer function. (b) Comparison between phase-only
algorithm (middle) and phase-amplitude hybrid algorithm.
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tensity. As depicted in Fig.6(a) and Fig.6(b), it is demonstrated that the phase-ampli-
tude hybrid algorithm can achieve better accuracy than the phase-only algorithm. 

4. Conclusions

In this paper, we propose a two-step phase-amplitude hybrid algorithm for synthesizing
ultrashort optical pulse. Several interesting pulse shapes, including a single pulse with
different temporal waveforms (such as symmetric or asymmetric triangular and rec-
tangular) and a train of pulses with variable intensity envelope (such as multi-pulse
with same intensity, ascending intensity, or binary code intensity) are obtained from
a Gaussian input pulse. Compared with the phase-only algorithm, the effectiveness and
higher accuracy of the proposed phase-amplitude hybrid algorithm is demonstrated,
which is promising for synthesizing ultrashort optical pulses with more complicated
temporal waveforms in the future. 

Funding 
Project is supported by the Beijing Natural Science Foundation (No. 4192022).

Availability of data 
Data underlying the results presented at this paper are not publicly available at this time, but may be
obtained from the corresponding author upon reasonable request. 

References

[1] IAKUSHEV S.O., SHULIKA O.V., SUKHOIVANOV I.A., FESENKO V.I., ANDRES M.V., SAYINC H., Formation
of ultrashort triangular pulses in optical fibers, Optics Express 22(23), 2014: 29119-29134. https://
doi.org/10.1364/OE.22.029119 

Time /ps

N
o

rm
al

iz
ed

 I
n

te
n

si
ty

(a) 

-15 -10 -5 0 5 10 15
0

0.5

1
input

target

-15 -10 -5 0 5 10 15
0

0.5

1
phase-only

-15 -10 -5 0 5 10 15
0

0.5

1
phase-amplitude

Time /ps

N
o

rm
al

iz
ed

 I
n

te
n

si
ty

(b)

-15 -10 -5 0 5 10 15
0

0.5

1
input

target

-15 -10 -5 0 5 10 15
0

0.5

1
phase-only

-15 -10 -5 0 5 10 15
0

0.5

1
phase-amplitude

Fig. 6. Synthesize of a train of ultrashort optical pulses with the profiles of (a) binary code ‘10111’ (same
intensity), and (b) ascending intensity. 



Ultrashort optical pulse synthesis... 549
[2] LATKIN A.I., BOSCOLO S., BHAMBER R.S., TURITSYN S.K., Doubling of optical signals using triangular
pulses, Journal of the Optical Society of America B 26(8), 2009: 1492-1496. https://doi.org/10.1364/
JOSAB.26.001492 

[3] PETROPOULOS P., IBSEN M., ELLIS A.D., RICHARDSON D.J., Rectangular pulse generations based on
pulse reshaping using a superstructured fiber Bragg grating, Journal of Lightwave Technology
19(5), 2001: 746-752. https://doi.org/10.1109/50.923488 

[4] MONTEIRO F.T., COSTA W.S., NEVES J.L.L., SILVA D.M.I., ROCHA H.R.O., SALLES E.O.T.,
SILVA J.A.L., Experimental evaluation of pulse shaping based 5G multicarrier modulation formats
in visible light communication systems, Optics Communications 457, 2020: 124693. https://doi.org/
10.1016/j.optcom.2019.124693 

[5] WEINER A.M., Ultrafast optical pulse shaping: A tutorial review, Optics Communications 284(15),
2011: 3669-3692. https://doi.org/10.1016/j.optcom.2011.03.084 

[6] DONG J., ZHENG A., GAO D., LEI L., HUANG D., ZHANG X., Compact, flexible and versatile photonic
differentiator using silicon Mach-Zehnder interferometers, Optics Express 21(6), 2013: 7014-7024.
https://doi.org/10.1364/OE.21.007014 

[7] ASHRAFI R., DIZAJI M.R., CORTES L.R., ZHANG J., YAO J., AZANA J., CHEN L.R., Time-delay to intensity
mapping based on a second-order optical integrator: Application to optical arbitrary waveform
generation, Optics Express 23(12), 2015: 16209-16223. https://doi.org/10.1364/OE.23.016209 

[8] HUH J., AZANA J., Generation of high-quality parabolic pulses with optimized duration and energy
by using dispersive frequency-to-time mapping, Optics Express 23(21), 2015: 27751-27762.
https://doi.org/10.1364/OE.23.027751 

[9] JIANG H.Y., YAN L.S., SUN Y.F., YE J., PAN W., LUO B., ZOU X.-H., Photonic arbitrary waveform
generation based on crossed frequency to time mapping, Optics Express 21(5), 2013: 6488-6496.
https://doi.org/10.1364/OE.21.006488 

[10] DONG X., LIU W., WANG Y., Dispersion limitation to the waveform synthesis of frequency-to-time
-mapping technique, Optik 187, 2019: 34-38. https://doi.org/10.1016/j.ijleo.2019.05.018 

[11] DI PIETRO V.M., BUX S., RAMOUSSE L., CLAUDET C., CHERIAUX G., FORGET N., JULLIEN A., A liquid
-crystal based phase-shaper for multi-octave light sources, [In] 2021 Conference on Lasers and
Electro-Optics Europe & European Quantum Electronics Conference (CLEO/Europe-EQEC),
Munich, Germany, 2021. https://doi.org/10.1109/CLEO/Europe-EQEC52157.2021.9541577 

[12] KREBS N., PROBST R.A., RIEDLE E., Sub-20 fs pulses shaped directly in the UV by an acousto-optic
programmable dispersive filter, Optics Express 18(6), 2010: 6164-6171. https://doi.org/10.1364/
OE.18.006164 

[13] YANG W., SPRINGER M., STROHABER J., KOLOMENSKI A., SCHUESSLER H., KATTAWAR G., SOKOLOV A.,
Spectral phase retrieval from interferometric autocorrelation by a combination of graduated opti-
mization and genetic algorithms, Optics Express 18(14), 2010: 15028-15038. https://doi.org/
10.1364/OE.18.015028 

[14] ZHENG L., TANG S., CHEN X., Isolated sub-100-as pulse generation by optimizing two-color laser
fields using simulated annealing algorithm, Optics Express 17(2), 2009: 538-543. https://doi.org/
10.1364/OE.17.000538 

[15] WATANABE K., INOUE T., Energy adjustment pulse shaping algorithm part I: Accuracy improve-
ment of phase retrieval IFTA, Optics Express 28(10), 2020: 14807-14814. https://doi.org/10.1364/
OE.393775 

[16] VORNDRAN S., RUSSO J.M., WU Y.C., PELAEZ S.A., KOSTUK R.K., Broadband Gerchberg–Saxton al-
gorithm for freeform diffractive spectral filter design, Optics Express 23(24), 2015: A1512-A1527.
https://doi.org/10.1364/OE.23.0A1512 

[17] HACKER M., STOBRAWA G., FEURER T., Iterative Fourier transform algorithm for phase-only pulse
shaping, Optics Express 9(4), 2001: 191-199. https://doi.org/10.1364/OE.9.000191 

[18] WATANABE K., INOUE T., Arbitrary spectro-temporal pulse shaping algorithm, Optics Express 32(6),
2024: 10265-10273. https://doi.org/10.1364/OE.518991 



550 XIAOWEI DONG, ZHIHUI YU
[19] ASGHARI M.H., AZANA J., Proposal and analysis of a reconfigurable pulse shaping technique based
on multi-arm optical differentiators, Optics Communications 281(18), 2008: 4581-4588. https://
doi.org/10.1016/j.optcom.2008.05.037 

[20] ABBASZADEH A., TEHRANIAN A., SALEHI J.A., Phase-only femtosecond optical pulse shaping based
on an all-dielectric polarization-insensitive metasurface, Optics Express 29(22), 2021: 36900-36914.
https://doi.org/10.1364/OE.441356 

Received August 9, 2024
in revised form October 5, 2024


